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AcMmMnTOoTNYECKoOe
BpeMs BbINOJIHEHUSA

1.1. YTO Takoe anroput™m

[TpearnonoKuM, BaM HYKHO HayInTh poboTa JeJath Gyrep-
6poz ¢ apaxucoBbiM MacsioM (puc. 1.1). Bamm nncrpykinnn
MOTYT OBITH TPUMEPHO TAKUMHU.

1. OTKpBITH BEPXHIOIO JIEBYIO JBePILy MKahUINKa.

2. BasaTh 6aHKY ¢ apaxXUCOBBIM MacCJOM ¥ BBIHYTDH €€ U3
mKadumuka.

3. 3akpbITh MIKaQUUK.

4. Jlep:xa 6aHKY C apaxMCOBBIM MACJIOM B JIEBOW PYKE,
B34Tb KPBIIIKY B IPABYIO PYKY.

5. TloBopauuBaTh MpaByio PyKy MPOTUB YACOBOI CTPEJIKH,
IIOKA KPBIIIKa He OTKPOETCs.

6. U tax maiee...

ITO MPOTPaMMa: BbI OITUCAIN KaXKIBIN TIar, KOTOPBII KOM-
MIBIOTEP JIOJIKEH BBINIOJHUTD, U yKa3aau Bcio nHbopma-
10, KOTOPasi TPeOYeTCs1 KOMITBIOTEPY JIJIsT BHITIOJTHEHUST
KaK/I0T0 T1ara. A Ternepb MPeICTaBbTe, 4TO Bbl OOBSICHSIETE
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Puc. 1.1. Pobor — usrorosuress 6yrepOpo10B

4eJIOBEKY, Kak c/ieiaTh OyTepOpojL ¢ apaXUCOBBIM MACIOM.
Bamm uHCTpYKIMU OyIyT, CKOpee BCEro, TAKUMH.

1. JlocTanbre apaxucoBoe MacJIo, KeM 1 XJ1el.

2. HamasKbTe HOKOM apaxiCOBOE MACJIO Ha OJUH JJOMTHK
xJeba.

3. Hamasksre JI0KKOII pKeM Ha BTOPOH JIOMTHK XJre0a.

4. Cioxkute /1Ba IoMTHKa BMecTe. [Ipusraoro amnmernTal

ITO AJITOPUTM: TIPOIECC, KOTOPOMY HYKHO CJIEZI0BATh JIJIsT
MOJTyYeHsI JKeJTAeMOT0 pe3yJibrata (B JAHHOM ciydae Oy-
TepOpo/a ¢ apaXUCOBBIM MacjIoM u jiskeMoM). OGparture
BHUMaHUe, 4TO aJropuT™M 6oJiee abCTPAKTHbI, YeM Mpo-
rpamma. IIporpamma coobiaer poboTy, OTKy/1a UMEHHO
HY’KHO B3SITh IIPEIMETHI Ha KOHKPETHON KYXHE, C TOUHBIM
yKa3aHHeM BCeX HEOOXOANMBIX JeTalleil. ITO peayr3alus
aJIrOPUTMa, KOTOPast IPEA0CTABJISIeT BCe BaKHbIE JIeTallu,
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HO MO’KET OBITh BBIIIOJHEHA HA JTI0O0M 060py0BaHUH
(B IaHHOM CJIy4ae — Ha KyXHe), CO BCeMU HeOOXOAUMbIMU
asieMeHTaMu (apaXucoBOE MACJIO, [IZKeM, XJieb U CTOJIOBbIE
pubophI).

1.2. lNoyeMy cKopoCTb nMeeT
3HayeHune

CoBpeMeHHbIe KOMITBIOTEPBI 0CTATOUYHO OBICTPHI, II09TO-
MY BO MHOTHX CJIy4asix CKOPOCTh aJITOPUTMa He 0COOEHHO
BakHa. Kora st HaskrMalo KHOIIKY ¥ KOMITBIOTED pearupyer
3a 1/25 cexynpl, a e 3a 1/100 cexyH/Ibl, 9Ta pa3HuIia st
MEHs He UMeeT 3HAaYeHUsI — C MO€l TOYKH 3PEeHUs, KOM-
bfoTeP B 000MX CJIydasiX pearupyer MrHOBEHHO.

Ho Bo MHOTHX IPUJIOKEHISIX CKOPOCTD BCE eI1le BaKHA, Ha-
npumep, Ipu pabore ¢ GOMBIIUM KOJHYECTBOM OOBEKTOB.
[IpearnomoKM, 9To y BaC eCThb CIIUCOK U3 MIJLTHOHA DJIeMeH-
TOB, KOTOPBII HEOOXOANMO OTCOPTUPOBaTh. IPheKTUBHASL
COPTUPOBKA 3aHUMAET OJTHY CEKYH/Y, a HeahheKTuBHAs
MOJKET JIJTUTHCST HECKOJIBKO Hele b, BO3MOKHO, M0/Ib30Ba-
TeJIb HE 3aX0YET JK/IATh, TOKA OHA 3aKOHYUTCSI.

Mpbi yacTo cuuTaeMm 3aj1auy Hepa3pelnmMoil, ecau He cy-
IIECTBYET U3BECTHOTO CIOCOOa ee PelieHust 32 pa3yMHbIe
CPOKH, TJIe «Pa3yMHOCTh» 3aBUCHUT OT PA3JTMUHBIX PEATbHbIX
(baktopos. Haripumep, 6e30macHoCTb 1minpoBaHUST TAHHBIX
YaCTO 3aBUCUT OT CJOKHOCTH PA3JIOKEHUS HA MHOXKUTE-
s (axropusanuu) Oosbiux rcesr. Ecau s oTIpaBiistio
BaM 3amm@poBaHHOE COOOIIEHNE, COMEPKUMOE KOTOPOTO
HY’KHO XPaHUTD B CEKpeTe B TeUeHWEe He/le, TO /IJIs MEHS
He UMeeT 3HAUEeHM:I, UTO 3JI0YMBITIIEHHUK TTIePEXBATUT 3TO
coobuienne u pacmudpyer ero yepes Tpu roja. 3ajada
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He SIBJISIETCsI HePa3PelInMOil — IIPOCTO Halll JIOOUTEb IO/
CJIyIINBATh HE 3HAET, KaK PEIIUTh €€ JOCTATOUHO ObICTPO,
4TOOBI pelieHre ObLIO MOJIEe3HbBIM.

BaxHbIM HaBBIKOM B IIPOIrPAaMMUPOBAHUHU SIBJISIETCS yMe-
HU€e ONITUMHU3UPOBATD TOJBKO T€ YACTH IPOTPAMMBbI, KOTO-
pbie He0OXOIMMO ONITUMHU3UPOBATh. EC/IN T0Ihb30BaTe h-
ckuit mHTEepdeiic paboTaeT Ha OIHY THICIYHYIO CEKYH/IbI
MeJ[JIeHHee, YeM MOT ObI, 3TO HUKOTO He BOJIHYeT — B JlaH-
HOM CJIy4ae MbI TIPEANOWIN Obl HE3AMETHOMY YBEJUYEHUIO
CKOPOCTH y1000UNTaeMy0 IPOrpaMMy. A BOT KOJI, pacmo-
JIOKEHHBIN BHYTPHU I[MKJIA, KOTOPBI MOKET BBITIOJHSATh-
Cs1 MUJJIMOHBI Pa3, I0JKeH OBbITh HAITMCAH MaKCHMaJIbHO
3¢ deKTUBHO.

1.3. Korga cekyHabl (HE) cumnTatoTcs

PaccMoTpuM ajroput™M MpUTOTOBJIEHUsT Oy TepOPOIOB U3
paszena 1.1. IIoCKoIbKY MbI XOTHM, 4TOOBI HTOT AJITOPUTM
MOZKHO OBLJIO MCIIOJIb30BATh J1Jist JIIOOOI0 KOJMYECTBA Pas-
JIMYHBIX POOOTOB — M3TOTOBUTENEH OyTEepOPOLOB, MbI
He XOTHM U3MEPATh KOJMYECTBO CEKYH]I, 3aTPaulBaeMoe
Ha BBITIOJIHEHUE aJITOPUTMA, TIOCKOJIbKY /IS Pa3HbIX POOO-
TOB OHO Oyzer pasnndarbest. OnuH poOOT MOKET JO0JIbIIE
OTKpbIBATh IKa(hUnK, HO ObICTpee BCKPhIBATh OaHKY € apa-
XHUCOBBIM MACJIOM, a IPyTroil — Ha0OOPOT.

Bmecto Toro 4To6BI n3MepTh HAKTUIECKYIO CKOPOCTD
BBITIOJTHEHUST KK/IOTO Iara, KoTopasi Oy/ieT pa3indarhest
TSI Pa3HBIX POOOTOB U KYXOHb, JIy4IIle TOCYUTATE (1 M-
HUMU3UPOBATD) KOJMUYECTBO 11aros. Harpumep, anropurm,
KOTOPBI Tpebyer, uToObI poOOT cpasdy Gpast U HOK U JIOKKY,
addexTrBIEE, YEM AITOPUTM, B KOTOPOM POOOT OTKPHIBAET
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SIIUK CO CTOJIOBBIMU TIpUOOpaMu, GepeT HOXK, 3aKpbIBacT
AWK, KJTaJeT HOK Ha CTOJI, CHOBA OTKPBIBAET ANIUK, J0-
CTaeT JIOKKY U T. II.

U3MepeHue BpeMeHU: asiroputMm wim nporpamma?

HanoMmHIo, 4TO aITOPUTMBI ABIAIOTCA (GoJiee 0600IEHHbI-
MU, YeM IPOrpaMMbL. [/ HAIEro aJropuT™Ma IpUTOTOB-
JeHus 6yTepOpoAOB Mbl XOTHM [OCYUTATh YUCJIO HIATOB.
Ecimm 651 MBI IeHiCTBUTEIEHO UCIIOIb30BATH KOHKPETHOTO
pobora — usroToBuUTEASA OYTEPOPOAOB, TO HAC OBI HOIIBIIE
MHTEPECOBA/IO0 TOYHOE BPEMsl, KOTOPOE TPeOyeTcs /IS 13-
TOTOBJICHUSI KayKI0ro OyTepopoa.

CrieztyeT puUsHATh, 4TO HE BCE MArk MOTPeOYIOT OIMHAKOBOTO
BPEMEHU BBITIOJIHEHUST; CKOPEE BCETO, B3Th HOK — ObICTpEE,
yeM HamasaTh apaxicoBoe Macsio Ha xyieh. [Toaromy MbI x0-
THM HE CTOJIbKO Y3HATH TOYHOE KOJMYECTBO MIATOB, CKOJIHKO
VIMETH [PECTABIEHUE O TOM, CKOJIBKO 11aroB moTpebyeTcst
B 3aBUCHMOCTH OT pa3Mepa BXOJHBIX JIaHHbIX. B cirydae ¢ Ha-
UM PoOOTOM BpeMsi, HEOOXOAUMOE JIJIST TPUTOTOBJICHHUSI
O6yTepOpo/Ia, IPU yBEJTUYEHUH KOJIMdecTBa OyTepOposIoB
He yBeJruuBaercst (IPU YCJIOBUH, YTO HAM XBATUT JIFKEMA).

JlBa KOMITbIOTEPA MOTYT BBITTOJHSATH AJITOPUTM C Pa3HON
CKOPOCTHI0. ITO 3aBUCHUT OT UX TAKTOBOW 4aCTOTHI, 0Ob-
eMa JIOCTYITHON MaMsATH, KOJUYeCTBA TAKTOBBIX ITUKJIOB,
TPeOYeMOTro JIJIsl BBITTOJTHEH WS KK MHCTPYKITUH, U T. 1.
OnHako 060UM KOMITbIOTEPAM, KaK MPaBUiIo, TpedyeTcs
npuOIU3UTETHHO OJMHAKOBOE YMCJIO WHCTPYKIIUMA, ¥ MBI
MO’KE€M U3MEPHUTHh CKOPOCTD, C KOTOPOI KOJIMYECTBO Tpe-
OGyeMbIX HHCTPYKIIHIT YBEJIUIUBAETCSI B 3ABUCUMOCTH OT
pasmepa 3agaun (puc. 1.2). Hanpumep, npu coptTupoBke
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MaccuBa YUCeJI, eCJIM YBEJUYNUTD €ero pa3Mep B ThICSUY pas,
OJIMH aJITOPUTM MOJKET OTPeOOBATh B ThICAYY pas OoJIbIie
KOMaHJI, a BTOPOIl — B MUJIJIMOH pa3 GoJibIie’.

Puc. 1.2. Boaee sppexTuBHbIi pOOOT — U3rOTOBUTE/D
6yTepOpPoOIOB

YacTo MbI XOTUM M3MEPUTH CKOPOCTh AJITOPUTMA HECKOJIb-
KUMU criocobamu. B sKM3HEHHO BaKHBIX CUTyalUAX —
HampuMep, MMpH 3aIlyCcKe JIBUTATes el Ha 30H/1e, KOTOPbIN
npusemisieTcsa Ha Mapce, — Mbl XOTUM 3HATh BPEMS BBIIIOJI-
HEHVSI TIPU CaMOM HeOJIaronpusiTHOM packiiajie. Mbl MOKeM
BBIOPATH AJITOPUTM, KOTOPBII B CpeIHEM paboTaeT HEMHOTO
MejlJIeHHee, HO 3aTO TapaHTHPYET, 4TO €ro BHIIIOJIHEHUE HU-
Kor/ia He 3aiiMeT GOJIblIe BPEMEHH, YeM MbI CUUTAEM IIPU-
emJIeMbIM (1 HaIll 30H/1 He pa300beTcsi BMECTO TOTrO, YTOObI
npusemManTbest). st 6oiee IOBCeHEBHBIX CIIEHAPUEB Mbl

! KoHKpeTHbIe IPUMEPHI CM. B riiaBe 8.
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MOZKEM CMUPHUTHCS CO CJyYailHBIMU BCIIECKAMU BPEMEHU
BBIIIOJIHEHUSI, €CJIU IIPA 9TOM CpejiHee BpeMsl He pacTerT;
HATpUMep, B BUIEOUTPE MbI ObI TIPENIOYIN TeHEPUPOBATh
pe3yJIbTaThl B CpeiHEM OBICTPee, CMUPUBIIUCH ¢ HEOOXO-
ITUMOCTBIO BpeMs OT BpeMEHHU TPePbIBATh JJIUTEIbHBIE
BbIUMCJIEHUsI. A OBIBAIOT CJIydad, KOT/Ia Mbl XOTEJH Obl
3HATh HAWJTYUIIYIO TPOU3BOAUTETBHOCTD. OIHAKO B 6OJIb-
IIUHCTBE CUTYyalUii MbI IPOCTO PACCUUTHIBAEM HaUXy/llIee
BpeMs BBIIIOJIHEHUS, KOTOPOE BCE PaBHO 4acTO COBIaacT
CO CPeZIHUM BPEMEHEM BBIITOJTHEHUS.

1.4. Kak Mbl onucbiBaeM CKOPOCTb

[Tpeamosioskum, y Hac ecTh Ba CIIUCKA I[€JIBIX YUCEJI,
KOTOpbIE MBI XOTUM OTcOpTHUpOBaTh: {1,2,3,4,5,6,7, 8}
u {3, 5,4, 1, 2}. CoprupoBKa Kakoro CIIMCKa 3aiiMeT MEHbIIIe
BpeMeHu?

OTBeT Ha BOMpoc: Hen3BecTHO. /(19 oHOTO anroput™ma
COPTUPOBKM TOT (PaKT, YTO MEPBBII CIUCOK YK€ OTCOPTH-
POBaH, MO3BOJIAT MOYTH CPasdy 3aBepiinTh paboty. [list 1py-
TOr0 aJITOPUTMA PEIIAIOIIM (DAaKTOPOM MOKET OBITH TO, UTO
BTOpPOI crcok Kopoue. Ho obpaTure BHUMaHMe, 9TO 06a
CBOMCTBA BXO/IHBIX JIAHHBIX — Pa3Mep CIICKa U TI0CIe/I0Ba-
TEJTBHOCTD PACTIOIOKEHIS YUCeJ — BJIUSIOT HA KOJTMIECTBO
IIaroB, HEOOXOAMMBIX JIJISI COPTUPOBKU.

Ecau nekoTopoe cBOWCTBO, HAIIPUMEP «OTCOPTUPOBAH-
HOCTH», U3BMEHSIET BPeMs BBITIOJTHEHWST KOHKPETHOTO aJITo-
pUTMa TOJIBKO Ha IIOCTOSIHHYIO BEJIMYUHY, Mbl MOJKEM I1PO-
CTO €r0 UITHOPUPOBATD, IIOCKOJIBKY €T BIUSHIE He3aMETHO
110 CPaBHEHMIO C BJIMSIHMEM pa3Mepa 3aj1a4u. Harpumep,
po6oT MOKeT jesaTh 6yTepOPOIbI ¢ BUHOTPALHBIM UJTH
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MaJIMHOBBIM [KEMOM, HO GaHKa ¢ MaJIMHOBBIM JIKEMOM OT-
KPBIBAETCSI HEMHOTO J10J1bI1e. Eciu po6oT renaer MUJLIHOH
GyTepOPO/IOB, TO BIUSHIE BHIOOPA KeMa Ha BPEMST [IPUTO-
ToBJIeHKst OyTepOpojIa He3aMeTHO Ha hoHe KostnuecTBa Oy-
TepO6PO10B. [109TOMY MBI MOKEM €r0 UTHOPUPOBATH U TIPO-
CTO CKa3aTh, YTO IIPUTOTOBJIEHIE MUJIKOHA OyTepOPOIOB
3aHMMaeT IPUMEPHO B MUJLIMOH pa3 O0JIbIle BPEMEHH, YeM
MPUTOTOBJIEHUE OHOTO GyTepOpOIa.

C TOYKHU 3peHHs] MAaTeMAaTUKK MblI BBIYUCIISIEM ACUMNIMO-
muueckoe BpeMsl BBIIIOJHEHHS aJIFOPUTMA, TO €CTh CKO-
POCTH YBEJUUYEHUs BDEMEHU BBITIOJIHEHHS B 3aBUCHMOCTH
OT pazMepa BXOJHbBIX JaHHbIX. Hamemy poboTy, KOTOPBIi
nemnaer OyTepOpobl, TpedyeTcs HEKOTOPOe IIOCTOSHHOE
BPEMSI ¢ JIJIst IPUTOTOBJIEHUST OIHOTO OyTepOpo/Ia U B 71 pa3
6oJIblile BPEMEHH, TO €CTh C1, YTOObI clies1aTh 1 6yTepOpo-
10B. MbI oTOpachiBaeM KOHCTAaHTY W TOBOPUM, Y4TO HAIIl
AJITOPUTM MIPUTOTOBJICHUsT Oy TEpOPOIOB 3aHUMAET BPEMST
O(n) (npousHocutcst kak «O GOJIBIIOE OT 7» WK IPOCTO
<O oT n»). ITO O3HAYAET, YTO BPeMs BBITIOJHEHUS B XY/I-
eM cJIydae MpornopIuoHaJbHO KOJIUYECTBY OyTepOpo-
JI0B, KoTopoe Oyzer ciaenano. Hac unTepecyer He TouHOE
KOJIMYECTBO HEOOXOMMBIX IIaroB, @ CKOPOCTb, ¢ KOTOPOIi
9TO YKCJIO YBEJTMYUBAETCS TI0 MEPe POCTa pa3Mepa 3a1aun
(B JTaHHOM cJiy4ae — KoJmdecTBa OyrepOposoB).

1.5. CKOpOCTb TUMWNYHLIX aNropnuTMOB

Ckoubko ObI 6yTepOPOIOB HH JieJ1aJl Halll poOOT, 9TO HE yBe-
JIMYMBAET BPEMsi, HEOOXOAMMOE JIJIsl UBTOTOBJIEHUS OJJHOTO
6yTepOpoa. ITO uHelHblid AITOPUTM — 00IIee BPEMsI BbI-
TTOJTHEHUS TIPOTIOPIIMOHAIBHO KOJIMYECTBY 00pabaThiBaeMbIX
as1eMeHTOB. J[Jist GOJIBIIMHCTBA 3a/1a4 HTO JIydIllee, Yero
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MO3KHO 100uThCst!. TUMUYHBII TIpUMED JIMHEHHOTO aJIro-
pUTMA B IPOrPAaMMUPOBAHUYN — UTEHUE CITUCKA 3JIEMEHTOB
Y BBITIOJIHEHWE€ HEKOTOPOU 3a/1a4M JIJIT KaXKI0TO dJieMeHTa
CITHCKA: BPeMsl, 3aTpauynBaeMoe Ha 06paboTKy KasKIoro
3JIEMEHTA, He 3aBUCUT OT [IPYTUX 3JIEMEHTOB. ECTh UK,
KOTOPBIN BBITIOJIHSIET IIOCTOSAHHBINA 06beM paboThl 1 0CY-
HIECTBJISICTCS O/IUH Pa3 Il KaXK/I0ro U3 1 9JIeMEeHTOB, 110~
aToMy Bce BMecTe 3aHnMaeT O(7) BpeMeHH.

Ho varite KOJIM4eCcTBO 31€EMEHTOB CITUCKA BJIUSIET HA 00BEM
PabOoThI, KOTOPYIO HEOOXOIMUMO BBITIOJTHUTB JIJIST OT/IETEHOTO
aJIeMeHTa. AJITOPUTM COPTUPOBKY MOKET 0OpabaThIBaTh
KaK/IbIiT 2JIEMEHT CIUCKA, Pa3/elisisi CIIUCOK Ha JIBa MEHb-
IINX CITHCKA, U TOBTOPSITH 3TO JI0 TEX MTOP, TIOKA BCE DJIEMEH-
TBI HE OKaKyTCsI B CBOeM coOCTBeHHOM crircke. Ha Kaxoi
UTepaIuu aIropuT™ BbimosiHsieT O(n) omepariuii 1 Tpedyer
O(lg n) wrepanuii, uTo B 0OIIEH CITOKHOCTU COCTABISIET
O(n) x O(Ig n) = O(n Ig n) Bpemenu.

MaTemaTuueckoe npegynpexaeHue

Jlorapum OIICHIBAET, B KAKYIO CTENIEHh HEOOXOIMMO BO3Be-
CTH YHCJTI0, YKA3aHHOE B OCHOBAHWH, YTOOBI MOTYIUTH JKeTae-
Moe sHauenne. Harpumep, log, 1000 = 3, Tak kax 10° = 1000.

B KOMIIbIOTEPAX MBI YACTO €M Ha 2, MO3TOMY O0OBIYHO
WCIIOJIB3YIOTCS JIorapudMbI TI0 ocHOBaHMIO 2. COKpaIeHHO
log, n o6o3navaerca kax lg n.? Takum o6pasom, Ig 1 = 0,
lg2=1,lg4=2,1g8=3ur

! TIoCKOJIbKY 72 — TO pasMep BXOIHBIX JAHHBIX, TO B OOIIEM CITydac
TOJIBKO JIJISI UX uTeHust Tpebyercs Bpemst O(n).

Crporo roBops, Ig — ato morapudm o ocroBamuio 10, Ho YacTo
nmenno B Computer Science IPUHUMAIOT, 4TO ATO JIOrapudM 1o
ocroBauuio 2. — Ilpumeu. nayu. peo.
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