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Ota KHUTA SBISAETCS PEIPUHTOM OPUTHHAJA, KOTOPBI MbI CO3[aM CHEIUATBLHO
nuist Bac, WCTonb3ys 3allaTeHTOBAaHHBIC TEXHOJIOTHH TTPOU3BOJICTBA PETPUHTHBIX
KHUT U TI€YaTH 1Mo TPeOOBAHUIO.

CHavana MBI OTCKaHHPOBAIM KaXXIyl0 CTPAHHUILy OpPHUTHHATA 3TONH PENKON KHUTH
Ha Ipo(heCCHOHANTBEHOM 000PYIOBaHUH. 3aTeM C IIOMOIIBIO CIELHaNbHO pa3pabo-
TaHHBIX IIPOrPaMM MBI IIPOU3BEIIN OUYMCTKY M300pa)KeHHs OT ISTEH, KIISIKC, Iepe-
rHOO0B U TOMBITAINCH OTOENNTH M BEIPOBHSATH KaXIyI0 CTpaHHIy KHUTH. K coxa-
JICHUIO, HEKOTOPBIE CTPAHUIIBI HEeNIb3s BEPHYTh B H3HAYAIBHOE COCTOSHHE, U €CITU
nx OBUIO TPYIHO YMTATh B OpPUTHHAJIE, TO ke IpH IU(POBOM pecTaBpaluyl HX
HEBO3MOXKHO YITyUIIHTh.

Pa3yMeeTc;{, ABTOMATU3HWPOBAaHHAA NPpOrpaMMHast 06pa60T1<a PECIOPUHTHBIX KHUT —
HE CaMO€ JTYYIIEC PEIICHUE 11 BOCCTaAHOBJICHUS TEKCTA B €T0 IIEPBO3JAHHOM BHUIEC,
OJIHAaKO, Hallla HeJib — BEPHYTb YUTATC/IIO TOYHYIO KOIINIO KHHUI'U, KOTOpOfI MOXKET
OBITh HECKOJIEKO BEKOB.

IToaTOMy MBI IpPEAyNpPEXIAEM O BOBMOXKHBIX MTOTPEMIHOCTSIX BOCCTAHOBIEHHOIO
PENpUHTHOIO U3AaHus. B WM31aHMM MOTYT OTCYTCTBOBAaTb OIHA WJIM HECKOJBKO
CTPAaHMI] TEKCTA, MOT'YT BCTPETUTHCS HEBBIBOAUMBIE IIATHA M KIIKCHI, HAIIIMCH
Ha TMOJISIX WIIM MOJUEPKUBAHUS B TEKCTE, HeUUTaeMble ()parMeHThI TEKCTa HJIH 3a-
ruobl crpanull. [Tokynars wim He MOKynaTh nogo0HbIe H3aHus — pemmars Bam, Mbl
JKE JIETaeM BCE BO3MOXKHOE, YTOOBI PEAKNE U IICHHBIE KHHUTH, €Ill¢ HEAaBHO yTpa-
YECHHbIE U HECIIPABEUIMBO 3a0bIThIE, BHOBb CTAJIM IOCTYIHBIMU JUIsl BCEX YHTATe-
nen.

ﬁ(epvm KHmxHbIN PeneccaHc
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4 . TIPEAVICNIOBWE

L]
17, 18, 20, 21, 26, 27, 28, 29, 30, 31, 32, 33, 36, 37, 38, 39, 40, 41, 60, 61,
62, 63, 65, 66, 67, 68, 71, 75, 76, 77, 78 nanucann MHOW. 3a uanHcanue § 69
Mbl odeHb 06si3am npod. B. A. Taprakoeckomy.

ITnan v 3aMBICeNl KHHIH B OCHOBHOM MPHHAIVIOXHT MHe, HO O/aronaps Heole-
HHMOMY coTpyanuiecTBy JuMuTpHa KoHcTanTHHOBMYA, KOTOpHHt OTHaBan Bce cBOe
yB/ledeHHe Hame# paboTe, yHalOChb OCYIUIECTBHTh 3HAYHTENBHO Gosiee OOGUIHMPHBIH
n/aH, YeM TOT, KOTOPHH MH HaMeYalH CHayaja, KOTIA Ha4YHHAMH MHCaTh STY KHUTY
cosMectho ¢ Harenem. Crenmanbio mns stoft xuuru Me ¢ . K. ®anneesum mpo-
H3BE/IH MHOTHE HCC/EeNOBaHHs, KOTOPWX HEXBAaTalO CPEIM HMEBIIHXCS pe3y/bTaToB
10 TEOPHH HPPAUHOHAIbHOCTeR 3-f CTeneHW,— ClOga OTHOCHTCS MHOTOE fOMeElleH-
woe B I u Ill rnasax, a Takwe MHOroe zapyroe.

TMepeftny x KpaTKOMy H3J0MEHHIO COAEDKAHHS OTAENbHBHIX TI/1aB.

Fnasa I saxniouaer B ceGe BO3MOXMHO G6ofee [OMHOE W MOCNENOBATENbHOE T'eo-
METPHYECKOe H3/NOXEHHE TEOPHM a/ireGpaHyecKHX HWPPAlHOHANBHOCTER /I06MX CTe-
neneft, paccMaTpMBaeMofl, O MOEMY MPEIJIOKEHHIO, KaK TeOpHs pPelleTOX B n-Mep-
HOM KOMIMJEKCHOM npocTpancTse K, mosTopsiommxcs ymuoxenuem, Oua sBasercs
xak Oh BBexeHMeM KO Bcelt xHure. Takue pemeTKH HeCKO/MbKO obuiee, yeM anre-
6GpanWyeckHe MOMd, H CBY3aHB C WX MOPSAMEIMM CYMMaMH, HO OHH HaM HYXHH
B raase Il nns pemenns 3amaun, o6parHo#t 3axmaue Teopuy Ianya mna monedt 3-# u 4-#
crenenH. [eomeTpuuecKHit XAPaKTEp H3/NOWeEHHs B T/ase | nNpuwaT mnotomy, uro oh
Ham Heo6xoxum B Il H oco6enno B IV raase. B | raaBe cwmavana (§ 2) paccma-
TPHBaeTCA MpemiaraeMoe MHOI0 JOKa3aTe/bCTBO TEOPEMB O CYLUECTBOBAaHHH 6ecKo-
HEYHOCO WYHCJIA . He3aBHCHMKIX HENPHBOAHMBIX aiare6paHyecKuX HPpPaUHOHAIBHOCTER
IaHHOT'O H3MEPEeHHd H CHrHaTypH. Mnes paccmotpers npH BH4HCAeHHM OGheMma Q* (r)
apdpunrHoe npeobpasosanne ¢ KO3 HIHEHTAMH pacTSKeHus 7, 72, ..., r" MO OCaM
npurannexHT ctynenty MI'Y E. Beremany. Janee (§ 3) nana reomerpus Teopun [anya,
paspabateiBaeMass MHOIO [19]. 1 § 4 COXEPXHT 4YMCTO TeOMETPHYECKOE H3JIOWEeHHE
Teopun enueuy Jlupuxae, a B § 5 nomemenn Hccnenosamns  MyjikoBckoro H3
»Diophantische Approximationen“ reoMeTpHH TEOpHH HIEaIOB (3TO €XHHCTBEHHMH
naparpad mpemnaraeMoit reoMeTpHuecKOR TEOPHH anreGpauy¥ecKHX WUHCeN, HMeB-
unitcs 10 cux mop B jaureparype). Teopema 1 § 5 npunamnewnut H. K. danneesy.
§ 6 nocBsuIeH H3/NOXEHHIO TEOPHH N-MEDHBIX - MOGOYHHX DELIETOK, MPELIOKEHHHX
Knefinom, aBasiomiefics HeKOTOPHIM YriyG/neHHeM TeopHH WieanoB. Yacthuilt ciyuai
ana n==2 paccmMoTpen Knefinom [27]B ero H3BeCTHHIX JeKIMAX MO TEOPHH YHCeN,
a cnyyait n==3 OB nNPeRMETOM NOKTOPcKOH mucceprauuH dypreenrnepa [63]. Kak
TeOpUsl €IHHMU, TaK ¥ TEOPHA HIAeaIOB H3JaraioTca B | rnaBeé cpasy mna camoft
NMPOH3BOJIBHOM n-MepHOR MaKCHMaNbHOM pemeTKH, XoTs 6n H npHBomuMo#. §§ 7, 8
u 9 cozepkaT TEOPHIO pa3tuyHBIX (JOPM, CBASAHHWX ¢ pemerkamH B K. Moe
[PENJIOKEHHE PacCMaTPHBaTh OGOOLIEHHHIE GE€3yTHaHB BO3HHKJIO B CBA3H C Hauieft
obwelt ¢ M. Comunckum u K. BuaneBHYEeM MHCABIO NpH TaGyAApH3aUHH nOaeH
4-n crenenu [18] (cm. § 40) npoekTpoBaTh mose MapanienbHO MOXNOMI0. PaccMa-
TPHBATh DPEIETKY, B3aHMHYIO C IAHHOW, H COOTBETCTBEHHO (hopMy, MOMSPHYIO HaH-
Ho# pasnoxumoft, npemioxnn 1. K. dapnees [60]. Ira ¢opma npenctasaser cobowo
Takke / OueHb Baxioe aNrOpPH(MHYECKOE MONCOPhe, B UEM MOXHO YGEemMThes
B § 64. .

nasa | mMoxeT GHTb mOME3HA VIS WENAIOWIETrO U3yYaTh TEOPHIO aNreGpaHuYecKHx
YHCeNM, TAK KaK COAEPNHT NOBOJLHO MOJHOE H MOC/AEHOBATENBHOE H3J/I0KEHHE OCHOB-
Hex (DaKkTOB TeopuH. ‘

I'naBa Il 3akmouaer B ceGe S/eMEHTH TEOpHM aireGpanyeckux nonelt 3-# cre-
"nend. OHa M3noweHa, B NPOTHBOBeC TNaBe I, yMCTO aNreGpaHueckd M MOXKET OHTh
YHT4€MAa HE3aBHCHMO OT HpouteHHsa rnase |. B rnase Il Mmp naem Besne cambe
YAOGHHE BLIYHCAMTEbHBE aArOpH(MH, KOTOpHle M 3HAaeM, A/ (aKTHYECKOrO Bh-

1 I{ucpul, NOMEILEHHbIE B NPIMOYTOJIbHEE CKOGKH PANOM C MMEHEeM aBTOpa, OTHOCATCH
K CHMCKY JMTEepaTypbl, €C/H TakO# CKOGKM HeT, TO STO 3HauHT, YTO YKa3HBaeMoe Hccie-
JOBaHHe MOsBJAETCS B 3TOH KHurc BrepBhle.



MPEAUC/IOBUE 5

fOAHEHUST BHYMC/EHHH, B HEMl paccMaTpHBaeMbiX, H HHOTXA NaKe CONPOBOXIAEM HX
4YUcAeHHBIMH npuMepaMH. B § 11 s npennaraio oxny dopmyny mid senocpexcTreH-
HOr0 BO3BHIIIEHHsT KYOHYECKOrO 4uHCAa B JHOOYIO CTemeHb; CHOCO6 H3BACHEHHs
KOpHA mpelioxen <PanneesnM, OH yn06eH IAs MPOBEPKM, OCHOBHas JH JaHHas
eIHHHLA WJIM HET, a TaKxe Hcrosmb3yercd B § 49 maa peinenns 3agauu, o6patHo#
sagaye Yupuraysena, mis AByx ypasueHHft 4-ft crenesn. B § 13 mano moe [15]
peilieHHe STOH 3alayH A4 NBYX ypaBHeHHH 3-#f cremenu. § 15 comepkHT TeopHio,
passutyio ®. Jlesu [28] u muoo [15]. B § 16 usnoxer mofi [15] cnoco6 pemueHus
3a/aYH SKBHBAIGHTHOCTH IS JBYX KYOHYeCKHX JBOWHHYHWX (QOpM 6Ge3 TeopHH
npusenenud. § 17 comepur H3noKenue H3BecTHOro crocoba Bopoworo [8] mas
BRIYMC/EHHS 6a3Hca KyOuuecKoro moJad; croco6a, OLIBIIErO r/1aBHHM Pe3y/bTaTOM
ero Marucrepckoit muccepTauuu, § 18 — asropucd™ pasnoxends MOPOCTOrO wHHCIA
Ha NpOCTHE HAealH B foae n-ro mopsaxa no 3oaorapesy [26] M, B wacTHOCTH,
B KyOHuecKOM moJse.

Tnasa I{l. B §§ 26—30 u 37—41 nara wmenocpencrseHHas TaGyaspH3aius
pelIeTOK, MOBTOPSIOLIHXCS YMHOXEHHEM, a C/eROBaTeabHO W nodedi 3-# W 4-i cre-
neselt Bcex curHatyp. Ilaparpagm 9TH OKanuMBalOTCS TaGAHIAMH TaKHX PelIeTOK.
Tabyaspusaius Koseu 3-it CTeleHH MOAOKMTENHHOTO IHCKPYMHHAHTA Ghjia BrepsHe
npoussenena ApuaroM [1—4]s 1852 r., no umee D#izenurrefina [21], kak taGy.s-
pH3aUMs KJ1accOB HNBOHHHMYHBIX KyOuueckux ¢popM. Ananoruunad TabyaspH3aumd s
OTpHUATENbHOrO Onpexenutens Gua fipoussenena Merslocom (Mathews) u Bepen-
koM [30,.31] u nuHaue Mruoto [15]). TaGynspusaumns Koney 4-§ crefllenn ¢ CHrHaTypoR
(4HCIOM map KOMMJIEKCHWX KopHeH) T==0 Gmsa npoussenena Muoft, U. CoMUHCKEM
n K. Bunnesnuem [18)], a m1q1 t=1 Tabnruuna Onaa BHuMCIEHA Y. MonnascKu.
§§ 32—35 conepxar reomeTpHio KyOHUeCKHX IBOHHMuHLX (DOPM; TEOpHS MpHBe-
nenus Ownua paspaGotana Mersiocom {30, 31] M MHOI0, paccMOTpeHHe KyOWdeckHX
neoinudHEX GopM Kak HOpM npuHamnexur Panneesy. Teopema § 36 Obsia moka-+
3ana TaprakoBckuM eume B 1919 r. B CBA3H C NOABHBHIMMCS y Hac C HHM mpexmo-
JIOXEHMEM, BO3HHMKIIMM H3 pacCMOTPEHHS OOUIMPHOA TaGAHuH AHCKPHMHHAHTOB KY-
6GHUECKHX EIMHML, BhuHcaeHHo# B 1918 r. mas mens npu nomouwm apHPMOMeTpos
cryzentaMu Kunesckoro YHMBEDCHTETa; STa TeOpeMa 0 CMX 1IOp OCTanach HHTZe He
o1 y6/AMKOBAHHOH.

OtHocHTeBHO KaaccHuKauuH KyOudeckdx OGjacTeft MO KBaapaTHYHHIM M 0071a-
creft 4-# cremeHd N0 KyOHYeCKHM IO/MKEH CKasath caexylomwee. ODHseHmTeHH
B 1841 r. [21] nan MoGONMTHYI0 KAacCH(PUKALMIO KyGHYECKHX NBOHHMYHEIX ¢OpM:
110 MX KBaIPaTHYHWM KOBapHAHTaM, KOTOpasi Gh/ja 3aTeM YcCOBepIIEHCTBOBaHa B pa-
Gorax Apuara [1—4]. Ha wmoux cemunapax B JIeHuHrpaackoM yHMBEpcHTETe f HE:
pa3 ykassiBaj, YTO 3STa TEOpHS DitseHwTelHa MOXET OKTb, BO-MEPBHX, paccua'rpu-
BaeMa kaK KnaccMHkalMsg KyOHYECKHX KoJell M0 KBaAPaTHYHHIM 06/acTaM, BO-
BTODHX, [€OMETPH3MPOBaHA H, B-TPETBUX, 0606LIEHa Ha OGNACTH BHCUIMX MOPSIKOB.:
B. A. Beuxkos Bnocaexcteuu [6] mepeusnoxun kaaccubukaumio ORsenmmredHa Ha.
f3WK Teopun aareOpanueckux uucen, a O. K. XCurommpckubi [24] sakowunn ee
reOMeTpH3alMIO, 2 HMEHHO, yKa3al KaK HaZo BWOMpaThb OCH B MPOCTPaHCTgE MPOeK-
UMK, H MOCAE STOTO MHE yaaloch yxe 'COOGPa3HTb, B 4eM COCTOMT o0bfuieHune
9TOH Teopuu Ha 0GnacTH 4-it crenenu. [Toxpo6ro 06oGuierne Ha o6aacTu 4-# cTenenu
nponenan . K. dannees [59]. B nacrosmmee spemss s M Pannees [62] cTpoum
STy Teopuio mid noael noGoit crenerH. Ecau cuntaTh [paMOI0 3anavel0 TeOpHH
Tanya naxoxIeHHe BCeX aqre6paMueckKMX CBOHCTB 3aaHHOrO MO/ B 3aBHCHMOCTH
ot ero rpynus lanya, a o6paTHOI0 — HaxOXI€HHe M0 NaHHOA rpymmne Bcex moaed,
uMelolIHX ee csoet rpynmo#t Tanya, To uanaraemas B §§ 42—53 Teopust sBAAETCH
[IOAHKWM pelieHHeM oOpaTHOA 3amauu Teopuu lanya mns monet 3-it v 4-if cTeneHed.
Mu npUBOXMM 31€Ch STY TeOpHIO (B BechbMa TILATEABHOH H MOXPOGHOR oOpaGoTke
danneepa) M maa noaeit 4-H CTeNeHH, Tak KaK HMX KaaccHHKalus OCHOBaHa Ha
paccMOTpeHuM nomeft 3-if cTemeHM, H Xaxe, 4TO BechMa JOGOMHTHO, Ha PaCCMOT-
peHHH OOMIMX TPEXMEPHBIX PEHIETOK, MOBTOPSIOLIMXCS YMHOXeHMeM (T. €l Taioke
M UDHBOXMMMHIX), H HX MOGOYHLIX DEILETOK.



5 MPEIMCIOBHE

[nasa - IV nocesiena anropudmy BopoHOro Nas BHYHC/AEHHS aBTOMOPGH3MOB
yMHOXeuus noneft 3-A cTenend. CHaualla MH DyMalH HaTh BCe CYILECTBYIOILME NS
sroft Lean anropudmu: 3onorapesa [25), Munkosckoro [33], Lllapea (Charve) [67];
Bopororo [9], Depsuxa [5] u Ycnenckoro [55), oAHaKo 3aTeM NpENNOYIH H3/NOKUTH
toapko anropudm Bopouoro, kak sBastoutdftcs cameM rayGokum. Cayda#t D >0
o6pa6oran 1. K. Pamneesnim, a cayyat D <0 wmHOIO (CM. TaKXe MO0 3aMeT-
Ky [16]). B § 64 mama (ycoeepmencrBoBanwas JI. K. PamneeBnM) mepepaGoTKa
aaropu¢pma Bopoworo mns D <0, npennoxerHas MHOIO Ha cbe3le B XapbKoBe,
Takas, 9TO [IPUXONMTCA BHIYHC/ATL TOJBKO C NE/NBIMH PallHOHA/IBHBIMH YHCAAMH.
Homken ckaszath, uro . K. HCKIIOUMTENBHO HM3SIUHO YCOBEPUIEHCTBOBal MOH Bhi-
YMC/IEHHs, 3aMEeTHB, YTO JIyuille BCEro Mpeo6pa30BHBATH Mapalie/NbHO HAHHYIO TPOH-
HUYHYI0 KyOudeckylo pasnoxumyto ¢opmy u eft mondpryio. OH e BBen Tpeyrofb-
Hulfi CMMBOJI I/ TPOMHMYHOR KyGuueckoft pasnoxumol ¢dopmml.

Fnaea V comepur usnoxmenue TeopeMn Tys. OCHOBHHE MHBCAH H3JI0KEHHS,
aannoro B §§ 65, 66, 68, npuHagnexar B. A. Tapraxosckomy (cm. [17)),
eMy ¥e NPHHAWVIEKHT TEPMHH: ,3arpaauTe]sHBit pan“. § 69 u npuBoaMMEI B Hem
pe3ynbTaT npuHagiexat B. A. TaprakoBckoMy; STOT pe3y/bTaT, CYILECTBEHHO HO-
noawsoutit pesyaptaT Tys, mo cux mop #e Ghal OMyGAHKOBaH.

B § 70 nman pesyabtar 3urens [46], nonyueHrsiit M u3 cooGpaxennfi, GAH3KHX
K cooGpaxennio Tys, ‘B opurHsansHoft nepepaGotke Palneesa, HOCseR reomeTpH-
yeckH#t W 3HauMTeNbHO GOJee 9/IEMEHTAPHHH XapakTep (He HCMONB3YIOTCA THAEpreo-
METpHYECKHEe Das/IOKEHHS M CBA3aHHBE C HMMH OleHKH). Bojee TmaTensHoe mpose-
JieHHE OlIGHOK MO3BO/MJO 1aTh HECKOJBKO Gojiee CHIBHHA pe3yabTaT: 15 pemenuft
Bmecto 18. 3r1OT pesynbrar dBnserTcss o6o6iieHHeM MoeRt Teopemn § 75 Ha cayuaht
MONOXHUTENBHOrO HNHCKPHMHHaHTa. Hamo mywmatek, uto rpamuna 18 no 3uremo Wi
15 mo danmeeBy and uMcIa peilleHHfl — Me TOuHas (MOS FpaHHLia S5 and. cayyas
OTPHUATE/NBHOrO THCKPHMHHAHTA — TOYHAs).

[naBa VI saxniouaer B nepsofi csoeit yacru, B §§ 71, 75, 76, mou uccrenosa-
must [11—14] o npexcraBiienuy YHCen KyGHUECKHMH nBonHuqHuMH ¢opMamu oTpHLa-
TeNLHOrO OnpeneauTens H (8 korlie § 75) noGasnenne Harens [42] x moeft paGore[12],
as §§ 72, 73, 74— nponomxernns Moero HccaenoBanud [ 11], nanmbie . K. Panneesnn
[87, 61]; Teopema Harenst [40] conepxHTCs B STHX HCCJENOBAHHMSAX KaK YacTHHH cyyad.
Bo Bropo#t wyactu raaBm VI nmomewneno nokasaresbcTBO OcHOBHOM Teopemu Mopaenns,
naunoe A. Beftnem - (André Weil).[7), u uccnenosanus JI. K. damneesa [58)] o6
ypasHenHH X8 - y3 — Az8,

Tepmunom ,mone* M 0603HauaeM Be3ne KOHEUHoe anreGpauyeckoe pacumpeﬂue‘
noNisi PalMoHaNBHEX uHcesl. C TOUKM 3peHMs PELleTOK, MOBTOPSIOILMXCS YMHOMKEHHEM,
paccmaTpHBaeMux B IJaBe I, none npencraBaser co60I0 COBOKYMHOCTh ONHOMMEHHBIX
KOODIMHAT BCEX TOYEK HEKOTOPOR HEMPHUBOAMMOM pelleTkH, MOBTOPsIOmeRcs yMHO-
MeHUeM, M 9THX K€ KOODAHHAT YaCTHHX, MO/NYYaIOLIMXCA OT JEJEHHA €€ TOueK
ApYr Ha Ipyra. AbaJlOTHUHYI0 COBOKYNHOCTh KOODAMHAT B TOM C/yuae, €CNH pe-
IHETKA, NOBTOPAIOLIAACT YMHOMXEHHEM, MOXeT OHTh W [PHBOAMMA, MH Ha3hLBaeM
,,06.'18(‘.1"!:!0“. . ‘

bB. [Heaone
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FTJIABA I
TEOPHSl PELIETOK, NMOBTOPAIOIHUXCSA YMHOXEHUEM

§ 1. Pemetkn B n-MEpHOM KOMMJEKCHOM HPOCTPAHCTBE,
MOBTOPSIOMIUECST YMHONKEHHEM

Mu Gynem paccmarpHBarh 7-MepHOE KOMIUIEKcHoe npocrpancteo K, T. e. Gyxem
cuntath TOWYKON CHCTeMY JIOOWX 7 KOMMNEKCHHBX uucen x(1), x(2) - x(#)
KoTophie 6ynem Ha3wBaTh KOOPAHHATAMH STOH TOYKH, NpHYEM HOMEpa KOOPIMHAT
Mbl Be3ge Oymem 06Go3HauaTh BEPXHHMH 3HaYKaMH B ckoGoukax. Camylo ke 3ty
Touky Oymem Kparko oCo3Hauarh Toit e OyksoH Ge3 BepxHux 3HakoB. [lycrh
©;, Oy, ..., ®, NPEACTABNSIOT 1 TOueK K, KOMIIEKCHO uexounnaﬂapuux € Hau/I0M,
T. €. Onpenenm‘enb H3 HX Koopnuﬂar \{

(1) @l 1 N
o o) ... o

of? 0@ ... o?®
1 ; w’l (1)

o of? ... oM

HE PaBEH HyMO. YcJAOBHMCH Ha3WBaTh CYMMOW, pa3HOcThIO, IIpOM3Bee-
HHEeM H 9YaCTHHM IBYX TOYEK NPOCTPaHcTBa K, TOUKY, KauIas U3 KOODAHHAT KO-
TOPOH ecTh CyMMma, Pa3HOCTh, NPOH3BENEHHE HJIH YACTHOE COOTBETCTBEHHHIX KOOPAHMHAT
oGeux paccmMaTpuBaeMbix Touek. Mpi Gyzem HaswiBath 7Z-MepHolt pemieTkoO i B K, Han
npocto peterkol B K, COBOKYNHOCTh BCex TOYeK BHIA &,0; 2,0, + ... 4+ 1,0,
rne 4y, Uy, ...,U,—BCE BO3MOWHHE CHCTEMBl 7 UEMHX PalHOHATHHHIX YHces, T, e.
COBOKYMHOCTh BceX TOWeK K, NONy4alOMXCA CAOWEHHEM M BHIYHTAHHEM H3 TOueK
®, O, ..., 0,. Camylo pemwierky 3Ty Mb GyneM 0Go3HauaTh |0, ®,, ..., ®,]
[®] 1 Ha3mBaTh ®;, @,, ..., W, € 623K COM, H/IH €€ OCHOBHBIM 7Z-BEKTOPHHKOM.
DhialoT, oxasmiBaeTcs, peulemxu, Komopbie ROBMOPSIIOMCS YMHOMCeHUEM, T. €.
KMEIOT TO CBOHCTBO, YTO .POM3BENEHHe MOOKIX AByX TO4UEK TaKOH pELIeTKH ecThb
onATh TO4YKA 3TOH e peulerkH. Llesblo Hacrosiwielf riaBel ABJISETCH IOCTPOEHUE
NOJIHOA TEOpHH TaKHX pEleTOoK.

OcHOBHBIMU NYHKTaMH 31O TeopuH GynyT chenyiomue. B Hacrosuem napa-
rpade Mbl NOKAMEeM, 4TO BCAKAA TAKas PCIIETKR MOMET ObiTh ZOMOJHEHA N0 HEKOo-
TOpol MakcHManbHOH, T.e.TakoH pPELIETKH, KOTOPas Xa/bllle He MOXeT yie OHTh
CrYWIEHA MPH YCJHOBHHM COXpaHeHHH CcBOHCTBA [OBTOPATHLCS YMHOXKEHHEM; 3aTeM Mbl
HOKaXeM, YTO BCAKan MaKcMMaibHasi pewierka JuGo cama Henpusoduia, GO ecto
1pAMasi CyMMa TAaKWX HeMpPHBOIHMMbIX DEIIeTOK, KaxX1as W3 KOTOPHX YXe He MOXeT
OuTh Hajbllle ynpouieHa. B § 2 Mb nmoxawem, 49T0 1/ BCAKOrO uHCJIa H3MEpeHH
7 W BCAKOW cuzHamypes. T cywiecTByeT GeCKOHEYHO MHOTO pa3/iHYHBIX HENPHBOZWMMBIX
pemietok. B § 3 mbu noctpoum Teopuio lanya takux pewerox. B § 4 pacemorpum
TEOPHIO  a8MOoMOPHUIMO8 YMHONCEHUA 1Jis UPOM3BONBHHX pewerox B K, T. e.
CyWeCTBYIOT /i Takhe TOuKH B K, ¥ KaKOBu TAKMEe TOYKH, MOCAE yMHOMNEHHA Ha
KOTOpHE HEKOTOpOH pemerkd B K, pemerxka 9Ta® cOBMEIUaeTcs cama ¢ co6oio.
B §§ 5 u 6 mb MOCTPOMM TEOPHIO HIEAJOB PEIIETOK, MOBTOPAIOUIMXCH YMHOXEHUEM,
KOTOpan Ham Jaiabiie noHagoGurca B riaase 1l B Teopuu kaaccupukauuu noseit
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3-it m 4-ii crenend. B §§ 7, 8 u 9 my paccmoTpHm pasHHe (OpPMH, CBA3alHbIe
€ TaKMMH pelleTKamy. !

Touky mpocrtpaHcrBa K,, HHKaKHe IBe W3 KOOPAMHAT KOTOPOA Me paBHH Ipyr
IPYry ¥ y KOTODOH HeT KOODAHHAT, DaBHbIX HyMO, mb OyHAeM Ha3hnBaTh TOUYKOH
o6mero moJoxeHHs B K,.

Jlemma 1. Bo 8caxoid pewemxe, nocmpoeHHONL Ha n KOMNAEKCHO HeKoM-
naanapuux sexmopax K, cywecmsyom mouxu 00u4e20 nOAOMCCHUS.

JlefCTBHTENBHO, PACCMOTPHM TOUKY O = 4,0, —-U,0, - ... 4 u,0,, noctpoex-
HYIO H3 O, Wy, ..., 0, nekcukorpagudecku, T. e. TAK, YTO UENbie PALMOHAMBHHE
KOI((HUHEHTH %, Uy, ..., 4, BeChbMa OHICTPO PaCTyT, T. €. YTO BCAKHH CAenyiommi
KOS(puuMeHT BO MHOro pa3 Goiwe npensinymiero. PaccmMoTpuM, Hanpumep, i-Tyio
U R-Tyl0 KOOPAHMHATH STOH TOUKH; OHH HMEIOT BHI:

o' =u 0P} u0f 1 ... 4 2,09; 0*=u,0{® 4+ 0l 4 . .. |} u,00.

B — o o) —o® 0P — @ -

Tpexnonowum, uro P =o0¥; ol ) =00 .. w§_+)_, —w,(q)_], HO  yKe
off == of)  Bce I-Teie u k-THe KOOPAHHATH GHTH PaBHL NPYT APYTY ¥ BCEX 72 BEKTOPOB
He MOryT, TaK Kak Torma onpeneiauteab (1) umen On 1Be ONHHAKOBHE ~CTPOKH

H Gui Gbl, NPOTHB NMPEANONOMNEHHs, paBeH HyMO. M BHIMM, C/enoBaTenbHO, uTO
oM £ o), rak kak [-THe ux cnaraemme 2,0 n wE® y uwEx we pasub, Bce

CIenyIOLIHE 33 STHMH CJaraeMbieé y' HHX DaBHH Hy/IO, a CYMMbl HM MpeXIiecTByIO-
WHX BO CKOJBKO YrOmXHO pa3 (ecra i; MOCTaTOYHO GHICTPO DACTYT) MEHbMIE STHX
l-toix cnaraempx. PaBuarhcs Hynl0 Kakas-HHOYAh KOOPAHHATA TOUKH ), HArIPHMEp
i-1as, TOXE He MOWeT, TaK Kak, ecmn o()=0, w}"l,:O ..., TO GymeT HakoHel
Kakas-HuOyIb w}‘), HE paBHasl HyMO, TaK Kak HHaye omnpenenurens (1) umen Guw
CTPOKYy, COAOUIL COCTOAULYIO H3 HyJeH u NOMKeH Ow/ OW  PaBHATHCS HYJMIO; HO
Torna Bce craraemme o'f), cremyouwme 3a uzul), pasHb HYMO, a CymMma BCEX mpe-
JNBIYIHX BO CKOJIBKO YTOMHO Pa3 MeHbllie 9TOro £-Toro CJaraemoro, H, CJel0BaTe/lb-
Ho, koopmynaTa @' He pasua HyJmO.

Jdemma 2. Koopouname. mouxu © peulemKu, nOSMOPRIOWEICR YMHONCEHIE M
8 K,, cymb 8ce xopHu Hekomopozo YpPasHeHUs n-Ol cmenexu ¢ HeAviMu payuo-
HanoHomu Kosghhuyuernmanu u cmapumun rxospguyuenmon 1. Ecau o — mouxa
006u4e20 NOAOIHCEHUS, MO 8Ce YPABHERUR, KOMOPHLM YO08.4eMBOPIOM KOOPOUHAN b
dpy2ux mouex paccmampusaemoli peulemsu, nOSMOPAIOULHCS Y MHONCEHILEM, NOAY-
4QIOMCS U3 YPALHEHUS, KOMOPOMY YOOBAEMBOPREM O, RPU NOMOUL PAYUOHAALHHLX
npeobpa3osanui Yupreaysena (Tschirnhausen).

B Bumxy Toro, uTo pemerka MOBTOPRETCS YMHOXEHHEM, MbH HMEeM Ias moGo#
ee TOYKH ®© Kak O6uero, TaKk H He OOGLIEro roJoweHus,

0,0 =8,,0; 8,30, . . . 4-8,,0,,
00 == gy O - Bge0y - . . . -85,0,
’ —
0,0 ==a,,0, + 0y + .- +annwn'
¢ UeAHMH PAlHOHATLHEIMHE KoddhdHuUHenTaMy a,,. (31ech 0, @,, ..., ®, CYyTh TOUKH
6a3nca peweérkn.) Orciona CAeRyer, 4To
Ay —0, ,, ... 2,
R U e P

o o s .

F(o) =
Guiy By oo Qgp—O

1 Tepen ureHHeM 3ToR I raaBnl Halo UPOCMOTPETb nMPUAONCEHUe B KoHuE raasu I,
conepailee HeOGXONHMbIE JeMMbl M3 TEODHH BELIECTBEHHHIX pelleTOK.



